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�I F �3XId\℄jSP�Y�9Y�J�\�34Id\jJ�\'�����a��,)F
/)xF0:k��<%}����'G��O�
TB℄�}��'<�\
9�>vJB'"	J�bq C20 ? C22 
\>*"	bqmm[��#=G�;
+D#6kUK|℄ C20 = −(2Izz − Izz − Iyy)/2 
 C22 = (Iyy − Ixx)/4 �*GY�℄��'
��
Rnk��<%}����'TB�/
*	�/℄;k��'��gF��&['er
WÆ�$S}��'J�`��bqF
 C20 ? C22 *"tq:!�
Q�9 2 � 	 2 �e%#� Castalia �L/L
q;�SJ [9](r �r C̄ 
r S̄ 
r
0 0 1.0 −

1 0 0.0 −

1 1 0.0 0.0

2 0 −0.110 298 −

2 1 0.0 0.0

2 2 0.156 733 0.0

3 0 −0.015 112 −

3 1 −0.037 935 0.001 211

3 2 0.006 325 0.000 616

3 3 0.020 568 −0.013 715

4 0 0.036 630 −

4 1 0.002 706 0.000 407

4 2 −0.051 363 0.003 949

4 3 0.006 140 −0.001 747

4 4 0.050 334 −0.006 839
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3.2 b62l!0=C.Sh'.ZoZ�q:g+yR�
j<3
Ii [1] �|'��} − �a�(#M;�'�j
Oy"	tk��<%}��(#��M;�n�'�D���} −�a�(#M;'�j℄;(#'"eQ?t�9'_:℄d:�t
n�'"	�Do;℄�

(1) k���_Æ&['X%X�J�`F'��
 �(#"eQ?t�9'4Uq�}N
�(#�&d�}e�&t��} − �a�M;�_7
�(#��} − �a�EM;�
(2) k���_Æ&['X%X�J�`F'��
0-�(#��} − �a�M;
k���&d�}e
�Eek
k`lF���_7
k��H�ek
k`lF���*G�j?"	�D�,)~dP'4Ka/6M1 b"G��n�'od0:mQ�Ii [1] �,)J60:k���_Æ[�'X%X�J�`F'��
�TB
j℄k��<%}��'(#���*G��*b)G�℄Emro'�,I'℄6℄�.*G��*b)y>F��[�?D#oG'5q℄0B4U'�>'8�*GoZ?��
Oj'Oe4I.I�_:d\��-oZ?N|(#���&.*�oZ

��:1�.k��<%}��k�'1��/�*��/tk��<%1�?�	�>bTB��'��nE�'E'�Oj_:d\m|�z�4U'4#
�Wj&tC�4U'4#�Rn(#'e|<��, 1 
|'(#�#Pe|<�'�i [2] 
�FmO
|
E7I�6wC��e|<�
(#� Cne|<��moF��E&[�℄C&[yz�&[4I�}8��=�Qr℄C&[
Ii [2] 1!'k��(#'_:���. (Lagrange)����dq
=+D
J?3m. (Jacobi) roG�
|(#e|<�'G	61'Rn�mO[h
�m_:$�e
CN℄�(#��} − �a�M;$�e
�4K'O�6�mro
=m�Um�ro (quadrature) 5q� F��E&[N
��ro5qm9�m2�5qy�ro [3] �

- 1 �H�)$(A$Qy$ [Hx, Hy, Hz] f}=A�j [2]
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(#��m�UmUW'22�'<�O� (| J2 <�O�) �*Ko4K'G	
jN℄�=N|(#'��$���0�Ii [5] F�=' 1:2 rN|(#'��$���rk��<%}��e|<�'od0:mQ�Ii [2, 3] �(#'LN|��t�-��nM
�b��Ii [1] F�|'�r�} − �aM;�'O��(#�-��'4KFm&"!:'.`���4K'b)F
�-O�'|h℄\>tCIn�'"�t C22 '��
Æmrk��'(#v_��t}��'[�mOVnQk��V���
j2�}q�a�1!z�F}q�a'bq�*I}q�a℄,Q6k2�(#'"eQ?t�98�'�CN℄v
Q a(t) ? e(t) 'z�F�a'u9�w:?mF8���
�WmO.`<�(#'"eQ?t�9'�����
3&.Q<�-(#'_:U
mO.`>PD a(t) ? e(t) nNe�!L'N
aC�!�'4U
mO?�-roG�
Q��} − �a�'M;�
|'M;�;6�
3
Q a(t) ? e(t) 'z�F}q�a
[mj�oZN|(#O�
�0�Ii [5] Fj�oZ 1:2 N|(#r'���O��(#'M;�t�-�'M
�bm�, 2 F_h|�
od�=mQ�Ii [1] �

- 2 �N<uFN<)$�y [1]�N|(#'4KF
Ii [5] ff4K'�G�&['X%X�J�`' 4 	vF6
(�v�6) 
3V'�F 2 	vF6i�℄EM;'
03 2 	m
M;Cm
EM;�=&"'
J'M;$� [5] 

M;�'$�mmF��&[�9 ωT �J�dq µ 
Oy 2 	J�bq C20 ? C22 =G�;�WK
��'N|(#r��Oj'N|(#qm|�d\F
|�' 2 	�a�[KP. (STM) F℄�F:'�/:��W�|'G	VnG;4$�'j�['p
� (Poincare’) h>
mO.�|N|(#�*G�\
!�:
l�QM;'N|(#�℄0
�mr
{W4U
7'3m. (Jacobi) �p
V*Gd\m�G;'
#uv7k�|�N|(#�&.��N|(#' STM 
[h'm9YN|(#M;�'�/pi�*��/pim+j�WbN|(#'M;��WK
j*GmQk�'|�d\�|0N|(#
[h'SIm,'N|(#r
=�='�E'F��&[�9 ωT $�e*�N|(#'���?M;�,O��Ii [5] ;U'*
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- 3 5 
O})$s�H��i()$ [5]S�N|(#

J℄�<x	� (near direct) ���x	� (far direct) �� 1:1 �-��� 1:2�-�?�xK� (far direct) ,N|(#�[n�
G���h�N|(#
��r*�N|(#7

0�sP!� (double lobe) 
�vR4 �� (smooth triangle) ,�*�N|(#R�mQ�, 3 
od0:mQ�Ii [5] � =d8J�?&['erN
&[}��'v��G�'��*�j℄
''I(#"I
V��v℄t}��'&[Vnm'N|'�(#'�}?M;��QrG	
;D#'}��
�^�dq+9Y> µ 
&[N|> T 

'�p''I"ImOm�X rs = (µT 2/4π2)1/3 ���mr}��'D#oGG�E℄_Æ��
}��G�n 4 	�;$< rs 'FA��+2''I�� [1] 
|	P�"' 4 	vF6�mzr1�'�} [8] 

J�w#vP7Fr}��ve?vL'�Q7�Qr�SqVnN6�a'}��
�n*�'I(#_℄EM;'
WÆ�
J}<aW'M;'{W(#G��~�7a�[Hr`k�
�*G��'+-2℄k��W%}��k��z"'~`',D~\�[R7
Qr'I(#EM;'}��
�X
}��D� 2∼3 	'I(#"Ia'��_�xrEM; (�, 3) 
�
?r`(#�℄�vH&��(#'�� Q(#'M;�Cn!�'er
vn�6'��℄�&[vPa'��
CN℄.�� (# [1] 
�, 2 F℄O}�� Castalia >�8���'� d8��� ��N
v}M;"I�r�9�mO
|G	M;?EM;�xy>"I?�� '5q'�x,�20N�℄3V'_?
�w#vP7Æt&[dx_x'�� (f�(#) 
�(#��R�7m M;�mrJ�?&[℄H'm,�Dyj
Vk��y$<}��Æt}��Vn!/mQ�I'(#��
\>�EM;
W4&Em��E�'℄
2℄�*�(#7
OjW#L�8�}��'mQW#NvVi*^^��G	DM�K℄�f�(#7k�
*mO&3k���k<}��'eKNVnjd/'mQ�I��*?��'K-℄k��mQ}��9PVn!�'mQ�I
Æ0"
k��<}��(#K
go'~B�p�
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3.3 W℄Z Castalia A\<1}�� 4769 Castalia ℄m"h}��mOr`?^^W�m'
�a0/EkPH
(�, 4) ��jSy�	�mvm_1 Castalia '4��aY�

Y��n 167 	Qq�
Castalia 'k[N|℄ 4.07 h 
�r℄ 0.671 km3, *m rv_"I> 0.543 1 km '���>'RnFA
G�Oj}����� z6b (Asteroid body fixed coordinate) ��~6>Y�D�
z6Q (x, y, z)o;Q
'℄v}�F
?v�T[��#Q�Y�'&[Q: zQdx��
z6bF
n� −0.762 ≤ x ≤ 0.851, −0.462 ≤ y ≤ 0.519, −0.444 ≤ z ≤ 0.382 ��#P.�>� Ix/Iz = 0.37207, Iy/Iz = 0.93805 �

- 4 Castalia (��Ze-m	�_(9m�;1O�MI��> 2.1 g/cm3 
��m
y�u' 60% 'y&���M? 40% '3M%'tD (S �) ��Wm1O|�D# M = 1.4091× 1012 kg �J�Qq>� µ = GM = 9.40× 10−8 km3·s−2 
*� G = 6.672 59× 10−20 km3·kg−1·s−2 �G�n"Id\m℄Hm
'QrG;MIU�'J�`��Fdj'd\℄�;J�`'���abq�*Id\℄C8'

d\m�*SU�'J�`9�mGRj%+'�a�*�%+bq'�;mO&.QU��a'1	�r8�Jyro&"
G�ro&"G	bq�0-�;D#_ÆoG
�r'rom�U>QU�9P'ro�J�`���a'vJB'"tbq℄� C20 = −7.275× 10−2/R2
0, C22 = 2.984× 10−2/R2

0 
*� R0 = 0.543 1 ℄ 1 	&GUQd"I�0-nq�S't+&t
<zY\&d!}�9 2 
|'℄&GUK' Castalia'y%y�J�`bq [9] �mO
| C20 ? C22 'q:!�	bqB�$S�*C℄,IjX%X�J�`�9n}��J�`'G	~\�>'
H)G	8�'`{
��.��, 4 FS|'}�� Castalia '��,
�z6'�F℄ km �G�W%�k�'�h(#R��imQ�, 3 
od0:�Ii
[5] �, 2 S|'M;?EM;{W�(#'�x,
mO
|(#'M;�t�-�nM
�b�W, 1 
|'℄(#'e|<�'�i�
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4 ���?a9,I
>D�P+a�}���Wt℄'n�℄UO���G�n�:'QdS��'N
&.0:+3f8��
QD�m
'}��t℄'*WoZ�*WA�
xG�	|
*?{f4K
=8�G��=���a9,I'0:?+=
�^�G�X	?*)Q}���W'WS?wd
�"qZ^w'yj
=�8�I*?6�/'8GIDy�,I=j℄Q}��?<}����*'�P'=n
W℄&.G�V�[�oZ}��?<}��(#��*G��6?+=�mO
|
<}���W�'(#tC8'k��<%�>bTB����'(#n!�'E'�*TBmr"	~\
|}��G��aE$�?
kC'&[�*"	~\℄�D'
O?r�mk���EL'N
amC�!�'
#? �#4U [1] �*Ih{�k��<%�>bTB��k�N℄Ee|h'�+a3ES*)Qrk��'J�(#<�8�.�I4K��FSq'4KTBd8'℄ J2 $�Q�I(#'er��Fn�C%�'"�t (0 C22) '<����*��='J�`F
 |C20| >> |C22| 

j)D℄1��
�y�>bF'TB���W}��J�`Q�&[QVn!�'jQk�
nNG? |C20| < |C22| �\

mOv,I��='O�t�)'(#�*O�n!�'E'��*GSU7�
k��<%}����℄G	
O��*E779h�(#� 'e|<�7 [2] �WÆ�G;$�e
(#�LN
ae|hEM;� [1] �\
qmOv
O�℄g~��'G	�i
VnG;'#"��*�'g~;'℄Q{W$�'U�J���_h"k��(#A�7
�)'[fB�'(#A��jNE_j

'A��j℄;UG;q#'Bqk��?*W�p'
� (*��pmO℄"*�!($�?<v%k,) 
=��
j"�I�A'<}����*Y�F�&.O7oZ
G�8�(#A�?+=℄�

(1) f�(#M;
0 NEAR �T�
(2) v1(#
j
0 Dawn �T�
(3) �hvF6'�j
0 Muses-C �T�
(4) e|<�t(#� n��,I0:'J6℄k���<}���WN
m
z"'��*O��*�%�!6�B!?vB�*℄G	E�'4K/x
!Bn�X	eN
1EOl�N
n!��!��!R�'4Km-�P+"0h�℄u�[n�'�W��D8��., Muses-C�W�TPn<

1.5 RG|
+-mOvEE�p�/),>
}���Wt℄E77℄[	*��[	�F�[	�D
G?[	+	'O�
*
O�x�D�+�Dy'dX�?v�jq
f�NC℄ 5Z/[�'G	T��P+
~AC�

h%M
O)D�=?���l>T�0-P+*)�[G/x
�x&E+|
Nnm
VP+�*GdPVnG;'[8��oY!K� ,I&"' NASA Jet Propulsion Laboratory G�p�'5t
��	S�IFKoa/�.51|hr/)'qsaI=IF
>'3rE')D'H)b)1
H?�.
QG�M�Dx�'6)?���
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The Characteristics of Near Asteroid Orbital Dynamics and

its Implication to Mission Analysis

HU Wei-duo 1, SCHEERES 2, XIANG Kai-heng 3

(1. School of Astronautics, Beihang University, Beijing, 100083, China; 2. Department of Aerospace Engineer-

ing, the University of Michigan, MI48109, USA; 3. Department of Spacecraft System Design, Chinese Academy

and Space Technology, Beijing, 100094, China)

Abstract: Asteriods and some significance of their exploration are presented first. Near asteroid

dynamics and its effect to mission analysis are analyzed by referring spacecraft NEAR and Muses-

C. Further discussions of the dynamics characteristics are performed. Detailed discussions are

given based on the analysis of the second order and degree gravity field models of asteroids. A

typical example of asteroid, Castalia, is introduced. A few typical trajectories are summarized.

And also some suggestions of asteroid exploration are given. We see that close asteroid orbital

dynamics is new and challenging, as orbits around asteroids are considerably different from the

classical Keplerian orbits in the two-body problem. This is due to two reasons: the irregular

shape of an asteroid, and the rotation of the asteroid. These two effects are coupled and can

cause the spacecraft orbit to experience large energy and angular momentum changes within short

time period, occurrence that are not seen for spacecraft motion around the Earth 
 or other

planets in Solar system. For some cases these changes are rapid, making the spacecraft motion

unpredictable to some degree, the unpredictability is an instance of chaotic motion, which exists

in many dynamics. Here we define “Chaotic” motion as sensitive dependence on initial conditions.

Thus, the problem of spacecraft motion around an asteroid is not only a practical engineering

problem of near asteroid operation, but also a theoretical problem in dynamical system as well.

Key words: Celestial/orbital mechanics; deep space exploration; asteroid; review; spacecraft

mission analysis


